
4) Quivers and curves in higher dimension

- log curves in toric varieties
QuirenDT [B-Arguz 2302 . 02068]

invariant
log curves in cluster varieties↳

Geometric DT [B-Arguz 2306 .07270]

for D'Coh

Early works : · Gross-Pandharipande-Siebert - 2009

· "Kronecker/quiver correspondence"
[Reineke-Weist

, Reineke-Stappa-Weist]
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Wall-crossing formula :
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Non-compact in general (if %3)



Log geometry !
r(Xz) = (f : (G, pa ..., pr , po)- Xz

genuso stable log maps with contact
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General theory of stable log maps

[Gross-Siebert , Abramovich-Chen]
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,(Xz) proper Deligna-Mumford
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Thi (AB) For general choices of (j)cr
= (KD)"
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Mc(Xz) is log smooth of dimension

Itoroidal) d - 2.

↑
Log structure stratification by tropical types

=Ef:

Trop(f) = 2- dim family of tropical
ores

&-Tropif = 2 din family of toa
curves

f) = rigid tropical curve



Example: Xz= (P2+ 1P2x 1p2
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Fix p
a (o)-2) - dimensional type of tropical curves

W(z)=g [T,
(x , p)e@

Il

U Strate of(XI) O-dimensional
of type P I-

"Log Gromor-Witten invariants"



From-otropically
Im(AB) Foe , .... ur) =[Gwp+

(Xz)
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Proof : Flow tree I

Degeneration/Gluingformula
-

M in log our theory
[see Nishinon-Siebert]
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* only depends on Q Bays Lew DicXz
Hi = [2=]cDi

↳ -X : = strict transform of GXzBeXI

Remark (Gross-Hacking-Heel)
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#A curves Only one contact point with G X

p(d-2)-dim type· ↳ GW(X) = S2 Q
P

[M(x
,p]
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Thm [AB] [Gross-Siebert , wall functions
-

Assume (Q ,W) has trivial for well structures]

pattractor DT# Then FreNew , Off+ [Argin-Gross

-0= [W(X) HDTV]
PT

SProof:

Stability Cluster scattering Canonical
=

diagram
=

scatteringScatteringdiagram diagram
[Bridgeland] IGHNN] [Gross-Siebert].



Application : Nips Gieseber seristable sheaves
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Geometric Quiven

p DT DT#

Trivial attractor DT#
[B-Descombes -

Le Floch Pioline]



X : H-cluster Symplectic
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